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Abstract—Virtual inertia controllers (VICs) for wind turbine
generators (WTGs) have been recently developed to compensate
the reduction of inertia in power systems. However, VICs can
induce drivetrain torsional oscillations of WTGs. This paper
addresses this issue and develops a novel nonlinear VIC based
on objective holographic feedback theory and the definition of
a completely controllable system of Brunovsky type. Simulation
results under various scenarios demonstrate that the proposed
technique outperforms existing VICs in terms of enhancement of
system frequency nadir, suppression of WTG drivetrain torsional
oscillations, fast and smooth recovery of WTG rotor speed to the
original maximum power point (MPP) before the disturbance as
well as preventing secondary frequency dip caused by traditional
VIC. The proposed technique is also able to adaptively coordinate
multiple WTGs to enhance the frequency support and the
dynamic perfomance of each WTG.
Index Terms—Wind generation, frequency control, virtual
inertia control, torsional oscillations, power system stability.

I. I NTRODUCTION
The increasing penetration of variable-speed wind turbine
generators (WTGs) results in a reduction of system inertia,
which deteriorates the primary frequency response [1]. To this
end, some utilities have updated their grid codes and start to
leverage WTGs for primary frequency support [2]–[4]. Two
strategies have been widely used, namely the wind power
deloading based VIC and MPP tracing-based VIC.
For the first type of VIC, the wind turbines do not supply
the maximum available power in normal situation, and thus
a wind power margin can be maintained for grid frequency
support. By de-loading WTGs and changing its reference
electromagnetic power as a function of grid frequency deviation, the supplementary control on WTG [5] provides grid
frequency support. Rotor speed control and pitch angle control
enable WTGs to reserve sufficient active power as a necessary
auxiliary of grid frequency regulation [6], [7]. In [8], the
frequency-droop scheme for WTG is developed by acting on
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the blade pitch angle to preserve a power reserve margin for
primary frequency regulation. Although being effective, deloading leads to the economic loss of wind farm owners.
To deal with that, the MPP tracing-based VIC is proposed by
changing WTG active power set point with the MPP tracing
curve. Changing the doubly-fed induction generator (DFIG)
torque set point based on the derivative of frequency deviation
[9], [10] introduces inertial response to the grid frequency
event through the provisional release of rotor kinetic energy
of WTG. For example, [11]–[13] adopt a function of the
frequency deviation and derivative of frequency deviation as
the additional torque set point of WTG to couple WTG rotor
speed with the grid frequency, which increases kinetic energy
discharge capability. Combining the WTG inertial control with
pitch angle control allows WTG to participate in restoring grid
frequency after a disturbance [14]. However, a predetermined
fixed gain needs to be defined. A large gain ensures an
improved frequency nadir, but it might cause over-deceleration
of the WTG rotor speed, especially in presence of low wind
speed; by contrast, a small gain may waste the kinetic energy
of WGT rotor under high wind speed situation, thus decreasing
the frequency support capability. Moreover, to restore WTG
rotor speed, VIC with fixed parameters can only operate at a
preset period and this may cause secondary frequency drop due
to the instant reduction of WTG electromagnetic power [15],
[16]. As shown in [17]–[19], the frequency response strongly
depends on the operating points of WTG, and therefore the
VIC parameters should be tuned accordingly.
By continuously adjusting the droop coefficient of WTG
VIC in response to wind velocities, the primary frequency
response from the deloaded WTGs on the basis of the available
margin is significantly improved [19], [21]. VIC developed
in [22] adjusts the gain of frequency deviation based on
the maximum frequency deviation. This scheme can indeed
enhance the frequency nadir and release kinetic energy of
WTG rotor during the initial stage of the event, but it might
still cause the over-deceleration of rotor speed, especially in
presence of low wind speed. In fact, this controller has no
ability of automatically evaluating the available kinetic energy
stored in WTG rotor. In [23], the derivative of frequency
deviation is used to emulate the exact inertial response of
DFIG. The gain of the derivative is varied proportionally
to the DFIG operating rotor speed, thus avoiding the overdeceleration of rotor speed. Furthermore, [24] proposes a VIC
strategy to formulate the inertia constant and primary power
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reserve of WTG that operates at derated power conditions.
These formulations are leveraged to evaluate the capability of
providing primary frequency support power from a wind farm
using an aggregated wind speed.
In [25], the output of VIC is determined as the product
of the frequency deviation and adaptive gain, which is set
to be high during the early stage of a disturbance, when the
derivative of frequency derivation and rotor speed are high.
When the frequency nadir is reached, the gain is decreased.
Nevertheless, since WTGs absorb the active power from grid
during the rotor speed recovery, the inertial response of WTGs
is even worse than the condition under which WTGs do not
participate in the response of grid frequency. To this end, [26]
suggests the parameters of VIC to be determined by the stored
kinetic energy of WTG rotor and the captured wind power.
However, [27] indicates that VIC deteriorates the drive-train
torsional oscillation of WTG, which has not been taken into
consideration in the aforementioned VICs. Since the frequency
control strengthens coupling between grid frequency and rotor
speed of the WTG, disturbances of grid frequency leads to the
deviation of WTG rotor speed from the MPP [28].
In [29]–[31], damping controllers are designed to suppress
the torsional oscillation of WTG drive train. [29] investigates the band-pass filters for torsional oscillation control
and the damping is achieved through pole placement using
state feedback. In [31], by introducing a damping torque
component, an auxiliary active damping control known as
wind turbine stabilizer is proposed to improve the damping
ratio of the torsional oscillatory modes. However, these studies concentrate on the damping of WTG drivetrain without
VIC. By integrating multiple active damping loops into the
active and reactive controller of WTG, the impact of VIC
on drivetrain torsional oscillation is mitigated [32]. Reference
[33] modulates the reactive power to counteract WTG torsional
oscillation impacted by VIC.
It is worth pointing out that the design of new VIC
while maintaining the capability of suppressing the drivetrain
torsional oscillation of WTG is challenging. Besides, how
to adaptively coordinate the frequency support power among
WTGs with different operating points is another important
open problem.
A. Contributions
To address the aforementioned challenges, this paper develops a nonlinear VIC that yields the following contributions:
1) A nonlinear VIC formulation is derived based on the
objective holographic feedbacks theory (OHFT) [34] and active power modulation scheme. The proposed design improves
frequency nadir and suppresses the corresponding drivetrain
torsional oscillation of WTG simultaneously. The key idea
is to construct the completely controllable Brunovsky system
considering the requirements of frequency response and WTG
drivetrain torsional oscillation control objectives.
2) The modified time-varying and rotor speed dependent
functions are developed to automatically regulate the frequency support power of WTGs considering the variations of
wind speed and operating rotor speeds. This facilitates smooth
and fast recovery of WTG rotor speed to the original MPP
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before the disturbance and prevents the secondary frequency
dip caused by the sharp switch between frequency support
mode and rotor speed recovery mode.
3) The concept of participation factor is extended to adaptively coordinate the distribution of frequency support power
among multiple WTGs in terms of enhancing frequency nadir
while avoiding the over-deceleration of WTG rotor speed.
B. Organization
The remainder of this paper is organized as follows. Section
II introduces the OHFT and existing VIC control strategies
and their related issues. The proposed nonlinear VIC is also
presented in Section II. Extensive simulations are carried out
and analyzed in Section III. Section IV concludes the paper.
II. OHFT- BASED N ONLINEAR VIC OF WTG S
This section outlines the OHFT, presents the proposed
nonlinear VIC control for single WTG, and finally, discusses
how to extend such a control to the scenario of multiple WTGs.
A. Objective Holographic Feedbacks Theory
A single-input-multiple-outputs nonlinear system can be
described by the follow equations:
dx
= r(x) + s(x)u ,
dt
y = h(x) ,

(1)

where x and y are the state and output vectors, respectively;
u is the control input, r(x), s(x) and h(x) are vectors of
∗
nonlinear functions. If [y1∗ , y2∗ , ..., ym
] are the target output
variables, define the following multiple-objective equations
Ii = yi − yi∗

i = 1, 2, . . . , m ,

(2)

where m is the number of output variables and Ii represents
the tracking error of yi . The following conditions have to be
satisfied:
lim |Ii | = 0

t→0

i = 1, 2, . . . , m .

(3)

To achieve (3), we need to find out the output variable with
the relative order of 1 to system (1), supposing to be ym , then
one has:
ẏm = Lr hm (x) + Ls L0r hm (x)u ,
(4)
where Ls L0r hm (x) 6= 0 and L is the Lie derivative operator
[35]. To this end, the Brunovsky system can be constructed
based on (2) as
I˙ = AI + Bv ,
(5)
where
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From (4) and (5), v can be expressed as
∗
v = Lr hm (x) + Ls L0r hm (x)u − ẏm
.

(6)
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Since the Brunovsky system (5) is a completely controllable
linear system, the linear control theory, such as linear quadratic
optimal control [36] can be applied to obtain v, yielding:
v=

m
X

−ki Ii .

(7)

k=1

Using (2), (6) and (7), the control strategy of the nonlinear
system (1) can be derived as:
Pm
∗
− i=1 ki (yi − yi∗ ) − Lr hm (x) + ẏm
.
(8)
u=
Ls L0r hm (x)
The interested readers can find more details on the effectiveness of OHFT in [34].
B. System Description
In this section, the WTG model along with the drivetrain
rotating mechanism and the active power control loop, the
power grid primary frequency regulation model, the conventional VIC scheme and its impacts on driven-train torsional
oscillation of WTG are presented and analyzed.
1) Drive-train model of WTG: The two-mass drive-train
model of WTG can be expressed as [32]
dωt
= Tm − Ksh θsh − Dsh (ωt − ωg ) ,
2Ht
dt
dωg
(9)
2Hg
= Ksh θsh + Dsh (ωt − ωg ) − Te ,
dt
dθsh
= ωB (ωt − ωg ) ,
dt
where Ht and Hg are the inertia constants of the wind turbine
and generator in seconds, respectively; ωt and ωg denote
the speeds of wind turbine and generator rotor in radians/s,
respectively. Ksh and Dsh represent the stiffness coefficient
and the damping coefficient of the shaft, respectively. Tm ,
Te and θsh are mechanical torque, electromagnetic torque
of DFIG and torsional angle between the wind turbine and
generator rotor, respectively.
According to the law of aerodynamics, the mechanical
power extracted by the WTG can be calculated by [37]:
πρR2 Vw3 Cp (λ, β)
,
2PWTGrate
Rωt ωWTGrate
λ=
,
Vw
(10)
−21
116
Cp (λ, β) = 0.5176(
− 0.4β − 5)e λi + 0.0068λ ,
λi
1
1
0.035
=
− 3
,
λi
λ + 0.08β
β +1
Pm =

where ρ, Vw , Pm , λ, β R, Cp (λ, β), ωWTGrate and PWTGrate
are the air density, wind speed, mechanical power, tip-speed
ratio, pitch angle, rotor radius, power coefficient, nominal
value of WTG rotor speed and WTG rated power, respectively.
2) Modeling of WTG active power control loop: This section considers the following conventions: (a) WTG is modeled
with a DFIG; (b) all variables are referenced to the stator side
of generator; (c) the reference dq frame rotates at synchronous
angular speed of ω; (d) the positive power directions of stator
and rotor are assumed to be out and into the generator,

Fig. 1. Schematic diagram of DFIG with two-mass drive train and stator
active power control loop

respectively. (11) and (12) show the voltage-flux equations
of the stator and rotor, respectively; (13) and (14) present the
corresponding flux-current equations, and the active power is
given by (15).
vqs = −Rs iqs + ψ̇qs − ωψds ,
vds = −Rs ids + ψ̇ds + ωψqs ,

(11)

vqr = Rr iqr + ψ̇qr + (ω − ωg ) ψdr ,
vdr = Rr idr + ψ̇dr − (ω − ωg ) ψqr ,

(12)

ψqs = −Ls iqs + Lm iqr ,
ψds = −Ls ids + Lm idr ,

(13)

ψqr = Lr iqr − Lm iqs ,
ψdr = Lr idr − Lm ids ,

(14)

Ps = vds ids + vqs iqs ,
Pr = vdr idr + vqr iqr ,

(15)

where v, ψ, R and i represent the voltage, flux, resistance
and current, respectively; the subscripts s, r, d, and q denote
the stator, rotor, d-axis and q-axis quantities; Ls and Lr are
the corresponding stator and rotor self inductance; Lm is the
mutual inductance; Ps denotes the output active power of
DFIG stator; Pr is the injected active power into DFIG rotor
from the power grid.
In the dq reference frame with the stator voltage orientation,
the d-axis is aligned with the stator voltage vector of DFIG.
Consequently, uqs is set to zero and uds = Us , where Us is
the voltage magnitude of DFIG stator. The active power of
DFIG (15) turns into:
Ps =

3 Lm
2 Ls Us idr

, Pr =

3 Lm
2 Ls Us idr sl

,

(16)

where sl represents the slip rotor of DFIG. Equation (16)
indicates that the output active power of DFIG stator Ps can
be controlled through the d-axis current of DFIG rotor and the
total active power DFIG injects into the grid, denoted by Pe ,
can be expressed as:
Pe = Ps − Pr = Ps (1 − sl ) .
(17)
The schematic diagram of DFIG with two-mass drive train
and stator active power control loop is depicted by Fig. 1.
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Fig. 2. Block diagram of power grid primary frequency regulation.

Note that, on the basis of [30], the active power control loop
of DFIG can be modeled by the following transfer function:
αp
Pe = Pref
,
(18)
s + αp
where αp is a constant coefficient and Pref denotes the
reference electromagnetic power DFIG injects into the grid,
which is determined by the MPP tracing strategy [38] given
by
Pref = PMPP = kopt ωg3 ,
(19)
where kopt is the MPP tracing coefficient.
3) Conventional VIC of WTG: The conventional VIC for
WTG is developed to support the power grid frequency and
it determines the reference electromagnetic power increment
delivered from WTG to the grid, Pvir . Formally, one has
Pvir = −kPvir ∆ω − kDvir

d∆ω
,
dt

(20)

where ∆ω = ω − ωs ; ω and ωs denote the angular velocity
of power grid and the synchronous angular velocity; kPvir
and kDvir are the positive coefficients of the proportional
and differential elements, respectively. As a result, the actual
reference electromagnetic power of WTG equals to:
Pref = PMPP + Pvir .

(21)

4) Equivalent model of the grid: The power grid is modeled
for simplicity but without loss of generality as an equivalent
synchronous generator plus a load [39]. The primary frequency
regulation of the power grid is described by the block diagram
shown in Fig. 2, where M is the equivalent inertia constant
of the grid; D is the frequency coefficient of load that is
expressed as percent change in load divided by percent change
in frequency; ∆PL denotes the load variation in the power
grid; ∆Pg is the increment of synchronous generator output
power; R is the equivalent droop coefficient, the governor
and prime mover of the equivalent synchronous generator are
treated as inertia elements with time constants Tg and Tch ,
respectively. Particularly, in the primary frequency regulation,
the load reference is usually set as 0. Therefore, we have
1
Tg + Tch d∆Pg
1
d2 ∆Pg
=
∆ω −
−
∆Pg . (22)
dt2
Tg Tch
Tg Tch
dt
Tg Tch
As the fluctuation of power grid frequency is small, the
corresponding electromagnetic torque approximately equals to
the electromagnetic power. Then, considering the variation

Fig. 3. Block diagram of the whole system.

of WTG output active power, the dynamic equation of the
synchronous generator rotor is approximated as:
d∆ω
= ∆Ptot − D∆ω ,
(23)
dt
where ∆Ptot = ∆Pg + Pe − Pe0 − ∆PL and Pe0 is the initial
output active power of WTG.
5) Drivetrain torsional oscillations of WTG motivated by
VIC: The transfer function from the electromagnetic torque
increment of WTG, ∆Te , to the torsional angle variation,
∆θsh , can be derived from (9). At the initial moment of
frequency event, ∆Te = Pωvir
holds, yielding:
g0
M

∆θsh =

2(Ht Hg

ωB Ht
Pvir
,
+ aHtg s + bHtg ωg0

)s2

(24)

where Htg = Ht + Hg ; a = Dsh ωB ; b = Ksh ωB and
ωg0 denotes the initial WTG rotor speed of MPP before
VIC is activated. From (24), we observe that the reference
electromagnetic power increment requested by VIC may result
in the drivetrain torsional oscillation if no damping control is
provided. In fact, there exists a torsional mode with the natural
low frequency shown in (25) and the damping coefficient Dsh
is usually small [31].
s
ωB Ksh Htg
ωn =
.
(25)
2Ht Hg
According to the works in [27]–[29], [32], [33], the torsional
oscillation frequency of WTG typically lies in [1 2.5] Hz.
The complete system block diagram is reported by Fig. 3,
where u is the control input. The power grid and WTG are in
pu by their own rated power, i.e., PGridrate and PWTGrate ,
respectively. In this paper, the nominal values of angular
velocity with respect to power grid and WTG rotor are
120π radians/s and 120π/p radians/s, respectively, where p
represents the number of WTG pole-pairs.
C. Proposed VIC With Single WTG
The state-space description of the whole system can be
expressed in the form of (1), where the state variables
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are [ωt , ωg , θsh , Pe , ∆Pg , ω]. This paper aims at designing
a nonlinear VIC of WTG, which has the following functions: (i) preventing large frequency excursions of power grid;
(ii)suppressing drivetrain torsional oscillations motivated by
VIC; (iii) facilitating the smooth and fast recovery of the
kinetic energy of the WTG; and (iv) avoiding the secondary
frequency dip and drivetrain torsional oscillation of WTG
caused by the conventional VIC.
For the former two objectives, based on the aforementioned
OHFT, one first chooses ωtg and ∆ω as the output variables
and derives the following Brunovsky system:
  
   
ω̇tg
0 1 ωtg
0
=
+
v,
(26)
∆ω̇
0 0 ∆ω
1
where ωtg = ωt − ωg . Substituting u into (23) yields
M

d∆ω
= ∆Ptot − D∆ω + u .
dt

(27)

The comparison of (27) and (4) shows that Ls L0r ∆ω =
6= 0, thus, ∆ω is the output with relative order of 1 to the
studied system depicted by Fig. 3.
The torsional angle θsh is the critical quantity to reflect
the drivetrain torsional oscillation of WTG. Therefore, along
with the frequency response of VIC, the change rate of the
WTG torsional angle dθsh /dt and the power grid angular
frequency ω are required to be close to 0 and 1 pu as
possible, respectively. Namely, dθsh /dt = ωtg = 0 and
∆ω = ω − ωs = 0 are the control objectives. These objectives
can be achieved by the linear quadratic optimal control, whose
performance indicator about system (26) is constituted as
follows:
Z ∞
J=
I T QI + αv 2 dt ,
(28)
1
M

0

where Q is a symmetric positive definite matrix; coefficient
α is a positive real number and I = [ωtg , ∆ω]T . According
to the control strategy (8) designed by means of OHFT, the
nonlinear state feedback control strategy of the targeted system
(26) can be obtained by:
u = −M k1 ωtg − (M k2 − D)∆ω − ∆Ptot .

(29)

In this paper, the linear quadratic optimal control is applied
to the Brunovsky system (28) to obtain the coefficient k1 and
k2 ; D is the frequency coefficient of load that is expressed as
percent change in load divided by percent change; Q is used
to express the degree of importance for the output variables
we are interested in. Here, the grid frequency deviation and
the derivative of torsional angle are the interested variables.
We put the same weights on them, i.e., Q is an unit matrix.
Converting u into a quantity of the conventional VIC output
interface u0 yields:
u0 = u +

1 du
.
aP dt

(30)

Combining (30) with the conventional VIC expressed by
(20), a nonlinear VIC can be obtained as
0
Pvir
= Pvir + u0 .

(31)

(a)

(b)

Fig. 4. (a) Function of rotor speed f (ωg ); (b) Function of time g(t).

To further satisfy the reference electromagnetic power in0
crement required by VIC, Pvir
should be adjusted following
the WTG rotor speed ωg . In other words, VIC requires more
power increment at the high rotor speed when there is enough
kinetic energy that can be released, and vice versa. Thus, the
result of VIC in (31) is multiplied by a function of rotor speed,
f (ωg ), yielding:
00
0
Pvir
= Pvir
f (ωg ) ,
(32)
where f (ωg ) is shown in Fig. 4(a).
To achieve the goal of facilitating smooth and fast recovery
of WTG rotor speed, a function of time g(t) shown in Fig. 4(b)
is multiplied by (32). A positive g(t) promotes WTG to
provide active power for frequency support while a negative
g(t) is effective in the recovery of WTG rotor speed. Note
that g(t) also makes the power for frequency support to vary
smoothly. This helps avoid drivetrain torsional oscillations
of the WTG and the secondary frequency dip. Finally, the
proposed VIC can be given by:
000
00
0
Pvir
= Pvir
g(t) = Pvir
f (ωg ) g(t) .

(33)

D. Extension to Multiple WTGs
The proposed nonlinear VIC controller is now extended to
multiple WTGs. For multiple WTGs, the Brunovsky system
can be constructed as

 

  
ωtg,1
0
ω̇tg,1
0 1 0 ··· 0
 ω̇tg,2  0 0 1 · · · 0  ωtg,2  0

 

  
 ..   .. ..
..
..   ..  +  ..  v , (34)
 .  = . .
  .  .
.
.

 

  
ω̇tg,N  0 0 0 · · · 1 ωtg,N  0
0 0 0 ··· 0
∆ω
1
∆ω̇
where the subscript i denotes the quantities with respect to the
ith WTG and N is the number of WTGs.
Similar to the design procedure of single-WTG VIC, the
control input u equals to:
u=−

N
X

M ki ωtg,i − (M kN +1 − D)∆ω − ∆Ptot , (35)

i=1

where k1 , k2 , . . . , kN +1 represent the state feedback coefficients when applying linear quadratic optimal control for the
system (34) to obtain control quantity v; ∆Ptot = ∆Pg +
PN
i=1 (Pe,i − Pe0,i ) − ∆PL ; Pe0,i and Pe,i denote the initial
and real-time active power of the ith WTG, respectively.
000
Then, the signal Pvir,tot
for multiple WTGs integrated
power system is obtained as:
000
Pvir,tot
=

N
X
i=1

0
Pvir
· pf i · f (ωg,i ) · g(t) ,

(36)
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Fig. 5. The block diagram of the proposed nonlinear VIC.

0
where Pvir
can be calculated by (30) and (31) as well. pf i
(i = 1, 2, . . . , N ) represents the participating factor of the ith
WTG; note that all power should be converted into quantities
in pu by nominal power of the power grid; the participating
factor of the ith WTG, pf i , determines the power support from
each WTG and it is correlated with the WTG initial operation
point. Formally, one has

Pe0,i
pf i = Pk
i=1 Pe0,i

i = 1, 2, . . . , N ,

(37)

where the initial active power output of the ith WTG, Pe0,i ,
can be calculated based on the power flow solution at the
moment of contingency.
By integrating the idea of nonlinear VIC for single WTG
with the concept of participation factor used for the power distribution among synchronous generators, the proposed method
(36) not only delivers the solution of adaptively coordinating
the distribution of frequency support power among multiple
WTGs, but also maintaining the benefits of providing VIC. In
Fig.5, if N = 1, it reduces to the single WTG scenario.
The advantages of the proposed VIC are concluded as: (i)
improving the power grid frequency nadir through the dynamic
coordination of all WTGs; (ii) effectively suppressing the
drivetrain torsional oscillation of each WTG caused by the
sudden variation of WTG electromagnetic power requested
from VIC, (iii) achieving smooth and fast recovery of each
WTG rotor speed to the corresponding original MPP before
the disturbance and (iv) preventing the secondary frequency
dip and drivetrain torsional oscillation of each WTG caused
by the sudden quit of traditional VIC. These benefits will be
demonstrated in the simulation results section.
III. S IMULATION RESULTS
In this section, simulations are carried out to demonstrate the advantages of the proposed VIC. The conventional
constant-coefficient VIC presented in (20) and the VIC-I
defined by:
0000
Pvir
= Pvir g(t)
(38)
are used for comparisons. Note that the VIC-I is different
from that in [16] with time-varying droop coefficient, i.e., the

proportional coefficient. Here, both the proportional and differential coefficients are time-varying in VIC-I. It should be noted
that there are thresholds related to the maximum and minimum
rotor speeds to avoid the over speed for high wind speed and
frequency starting-up and closing-down for low wind speed.
In other words, the rotor speed can operate within the range
by automatically adjusting the electromagnetic power via the
rotor speed-active power control loop.
In the Matlab Simulink, the proposed VIC and its comparisons are tested using simplified system and an electrical
power system with detailed models of the components, such
as synchronous generator, transformer and wind power plant.
Q matrices for system (26) and (34) are all identity matrices
with appropriate dimension and α = 1. The expression of g(t)
shown in Fig. (4(a)) is given as:

0<t ≤ t1
 1
Py1 arctan (−Px1 (t − dx1 ) + dy1 ) t1 <t ≤ t1 + dt
g (t) =

Py2 arctan (Px2 (t − dx2 ) + dy2 )
t > t1 + dt
(39)
where dx1 , Px1 , dy1 , Py1 , dx2 , Px2 , dy2 , Py2 and dt are 32.5,
0.2, 1.1, 0.435, 59, 0.6, − π2 , 0.02 and 27, respectively.
TABLE I
PARAMETER S ETTINGS OF THE S IMPLIFIED - MODEL T EST S YSTEM
M
Tg
∆PL
PGridrate
PWTGrate
Hg
Dsh
kopt
ωgmax
p
kPvir
t1
t3

Equivalent power grid
4.584 s
D
0.23 s
R
0.2 pu
ωs
3 MW
Tch
WTG
1.5 MW
ωWTGrate
0.685 s
Ht
Ksh
1.5
0.4425
ωgmin
1.2 pu
aP
3
Conventional VIC
7
kDvir
Function g(t)
20 s
t2
64 s

1
0.03
377 rad/s
0.2 s
377/3 rad/s
4.32 s
1.1 pu/rad
0.708 pu
31.4 rad/s

4
42 s

A. Simulations with Simplified Model
The simplified model is shown in Fig. 3. The parameters of
equivalent power grid, WTG, conventional VIC and g(t) are
reported in Table I; the nominal power grid frequency is 60
Hz. It is worth pointing that the active power output increment
of WTG, ∆Pe , is the sum of reference electromagnetic power
increment according to the MPP tracing strategy shown in
(19) and the extra active power required by the VIC, i.e.,
∆Pe = ∆PMPP + Pvir . The MPP tracing curve of WTG is
presented by Fig. 6 and note that this paper concentrates on
the MPP tracing area. Section III-A-1) is used to demonstrate
the advantages of proposed VIC with single WTG and its
performance under different wind speed scenarios is investigated in Section III-A-2). Results on multiple WTGs integrated
system are shown in Section III-A-3). For all simulations, a
load contingency with 0.2 pu power increment occurs at 20s
in the power grid and the conventional VIC maintains for a
preset period of 20s.
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Fig. 6. The MPP tracing curve of WTG.

Fig. 7. Frequency response with different VICs for single WTG.

Fig. 8. Rotor speed (a) and torsional angle (b) responses of WTG with
different VICs.

Fig. 9. Active power output increment of WTG with different VICs.
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1) VIC for Single WTG: The wind speed is assumed to
be 10.8 m/s and the state feedback coefficients of the linear
quadratic optimal control for system (26) are k1 =2.6458 and
k2 =2.5083. Fig. 7 presents the frequency responses with
different VICs, the rotor speed and torsional angle responses
of WTG are shown in Fig. 8. Fig. 9 reports the active power
output increment of WTG. Note that the wind power penetration rate equals to 33.3% =PWTGrate /(PGridrate +PWTGrate ).
According to the results, we can find that the frequency
nadir obtained by the proposed VIC is much higher than the
conventional VIC and improved VIC-I, see Fig. 7. This is
very important as the system frequency needs support for the
first few seconds in the presence of contingency, especially
for a system with high penetration of renewable energy and
being vulnerable to large frequency decline. The reason is that
the proposed VIC allows the WTG to reduce rotor speed as
much as possible with a much higher speed than others, see
Fig. 8(a). This leads to much more active power increment
from WTG, see Fig. 9. It is interesting to observe from Fig. 7
that the power grid encountered a secondary frequency dip at
40s if the conventional VIC is used. This results in a sudden
reduction in the active power output of WTG, see the negative
value of ∆Pe in Fig. 9. By contrast, this is not an issue
for the proposed VIC and the modified VIC-I as they can
ensure the smooth transformation between frequency support
mode and rotor speed recovery mode. As a result, they can
avoid the secondary frequency dip and damp the torsional
oscillation, see Fig. 8(b) at 40s. However, at the initial moment
of contingency, Fig. 8(b) shows that both conventional VIC
and the modified VIC-I are subject to WTG drivetrain torsional
oscillation with a period of 0.69s (the oscillation frequency
is 1.45 Hz) while the proposed VIC can effectively suppress
that. Note that the torsional oscillation is due to the sudden
variation of WTG active power output as analyzed in (24) and
(25). Moreover, from Fig. 8, it is also noted that the WTG
rotor speed responses oscillate with the same frequency of
the torsional angle, illustrating that the oscillation of the rotor
speed response can reflect the drivetrain torsional oscillation
of WTG. This explains the oscillation behavior of WTG rotor
speed with traditional VIC at the initial moment of rotor speed
recovery duration shown in Fig. 8 (a).
The slopes of rotor speed responses in Fig. 8(a) allow
conclusing that the proposed VIC has higher recovery rate of
WTG rotor kinetic energy than other two methods (note that
the proposed method is the fastest one to recover rotor speed
to the original MPP before the disturbance and this would
become more obvious in the results shown later). In fact, after
the main frequency support at about 32s, the proposed VIC
prompts WTG to absorb power from grid at an earlier time in
contrast to the conventional VIC.
2) VIC for Single WTG with Different Wind Speeds: The
proposed VIC is also tested under different wind speeds to
demonstrate its robustness to various operating conditions.
The following values for the wind speeds are tested: 7.5 m/s,
9.6 m/s and 11.5 m/s. The frequency responses, WTG rotor
speed and torsional angle responses of WTG and active power
output increment of WTG are displayed in Fig. 10, Fig. 11 and
Fig. 12, respectively.
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Fig. 10. Frequency responses for different wind speeds.

Fig. 11. Rotor speed and torsional angle responses of WTG for different wind speeds.

Fig. 12. Active power increment of WTG for different wind speeds.

Fig. 13. Frequency responses with multiple WTGs integrated grid.

For the low wind speed scenario, i.e., 7.5 m/s, the first figure
of Fig. 11 demonstrates that WTG with proposed VIC releases
the smallest kinetic power of WTG rotor, thus providing
slightly less active power output increment than the other two
methods in the initial stage of frequency regulation, see the
first figure of Fig. 12. This results in a slightly lower frequency
nadir as shown in the first figure of Fig. 10. It is for the

purpose of preventing the reference power of MPP tracing
strategy from having a sudden dip to the minimal active power
as the rotor speed of WTG reaches the minimal value. Note
that there is a rotor speed safeguard measure to guarantee that
the rotor speed operates between minimal value 0.708 pu and
maximum value 1.2 pu. The rotor speed maintains at the the
minimum value until the frequency support mode of VIC ends
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Fig. 14. Rotor speed (left) and torsional angle (right) responses of WTGs
with multiple WTGs integrated grid.
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Fig. 16. The diagram of the power system with WPPs integrated.

Fig. 17. The frequency response with multiple WPPs integrated power system.
Fig. 15. Active power increment of WTGs with multiple WTGs integrated
grid.

and this can explain the WTG rotor speed response in Fig.11
with traditional VIC under 7.5 m/s wind speed. Moreover, the
sudden dip of WTG power is encountered by the conventional
VIC-based system at 31.46s, see the first figure of Fig. 12.
From the torsional angular response of Fig. 11 under 7.5
m/s, it can be found that the comparison methods are still
subject to drivetrain torsional oscillation at the initial moment
of contingency for VIC-I and the exit time for traditional
VIC. This is because of the instantaneous variation of WTG
electromagnetic power. The proposed method can effectively
suppress that as it can automatically adjust the active power
increment of WTG according to the rate of torsional angle.
For higher wind speed scenarios, i.e., 9.6 m/s and 11.5
m/s, the proposed method achieves much better performances
in terms of improving the frequency nadir, suppressing the
torsional oscillation of WTG, significantly contributing to the
smooth and fast recovery of the WTG rotor speed to MPP and
effectively avoiding a secondary frequency dip and torsional
oscillation of WTG drive train resulted from traditional VIC,
see Fig. 10, Fig. 11 and Fig. 12 with respect to 9.6m/s and
11.5m/s of wind speeds. The reason is similar to that in Section
III-A-1).
3) VIC for Multiple WTGs Integrated Power Grid: To
demonstrate the scalability of the proposed VIC for multiple
WTGs, three WTGs with the same parameters as studied
in Section III-A-1) are integrated into the power grid. The
wind speeds are assumed to be 10.8 m/s, 8 m/s and 7.3 m/s,
respectively. The participating factors calculated by (37) are
0.5842, 0.2362 and 0.1796. The state feedback coefficients

of the linear quadratic optimal control for system (34) are
k1 = 2.2361, k2 = 5.9389, k3 = 6.7687 and k4 = 3.8128.
Note that the wind power penetration rate is 60% at this time.
Comparing results about frequency responses, rotor speed and
torsional angle responses of WTGs and active power output
increments of WTGs are shown in Figs. 13-15, respectively.
4) VIC for Multiple WPPs Integrated Electrical Power
System: These results lead us to draw similar conclusions as
for the cases discussed in the previous simulations. They are
summarized as follows:
(i) The proposed VIC can achieve better frequency nadir
while avoiding the secondary frequency dip, see Fig. 13.
(ii) The proposed VIC effectively suppresses drivetrain
torsional oscillation of each WTG caused by the active power
output variation requested by VIC, see the initial moment of
the rotor speed response with respect to each WTG in Fig. 14
for example. On the other hand, all torsional angle responses
of traditional VIC exhibit the torsional oscillations at the initial
moment of the speed recovery. The conventional VIC, in fact,
stops suddenly to support the frequency and this leads to the
instantaneous variation of WTG electromagnetic power.
(iii) The proposed VIC facilitates the fast and smooth recovery of WTG rotor speed, see figures in Fig. 14 for example.
From the left figures in Fig. 14, it is interesting to observe that,
for WTG1 with higher wind speed, the released rotor kinetic
energy with the proposed VIC is larger than the conventional
VIC and VIC-I in the initial duration of frequency support
mode. By contrast, less reductions in rotor speeds of WTG2
and WTG3 with low wind speeds are observed, which are
expected. As a result, WTG1 results in larger active power
output increment while those of WTG2 and WTG3 are smaller,
see the right figures of Fig. 15. However, the proposed VIC
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Fig. 18. Rotor speed and torsional angle responses of WPPs with multiple WPPs integrated power system.

TABLE II
PARAMETER S ETTINGS OF THE E LECTRICAL P OWER S YSTEM
M
Tch
ωs
Rs
0
xd
xq
00
xq

Fig. 19. Active power increments of WPPs with multiple WPPs integrated
power system.

can still provide the most total power for frequency support
as reported by the left figure of Fig. 15, to achieve the highest
frequency nadir. This figure shows that the coordination of
multiple WTGs can be effectively and adaptively done by the
proposed VIC while the comparisons fail to.
B. Simulations with Detailed Model
To further validate the feasibility and advantages of the
proposed VIC, different VICs are tested in a power system
with wind power plants (WPPs). The system is shown in
Fig. 16, where ∆Tecom,i , i = 1, 2, . . . , N , represents the
demanded torque of0 each WPP requested by VIC and can
P ·pf ·f (ω )·g(t)
be calculated by vir i ωg,i g,i
; each WPP is treated as
an aggregated WGT model with 1.5MW rated power for each
DFIG.
In this test, three WPPs are integrated into the power system
and each WPP consists of 8 DFIGs, yielding PWTG rate = 12
MW. The wind power penetration is 44.4%. The parameters
of synchronous generator, WPPs, loads, conventional VIC
and function g(t) are given in Table II. The rated power
of synchronous generator is 45 MW. Loads 1-4 are equal
to 2 MW, 25 MW, 500 kW and 15 MW, respectively. The
corresponding wind speeds of WPPs 1-3 are assumed to be

PWTGrate
Hg
Dsh
p
Ls
Rr
Load1
Load3
kPvir
t1
t3

Synchronous generator
4.56 s
Tg
0.2 s
R
377 rad/s
PGridrate
xd
0.03 pu
00
0.296 pu
xd
0
xq
0.474 pu
0.18 pu
WPP
1.5 ∗ 8 MW
ωWTGrate
0.685 s
Ht
1.5
Ksh
3
Rs
0.18 pu
Lm
0.016 pu
Lr
Loads
2 MW
Load2
500 kW
Load4
Conventional VIC
7
kDvir
Function g(t)
40 s
t2
84 s

1s
0.03
15 MW
1.305 pu
0.252 pu
0.243 pu

377/3 rad/s
4.32 s
1.1 pu/rad
0.023 pu
2.9 pu
0.16 pu
12 MW
6 MW
4
62 s

11.2 m/s, 8 m/s and 9.5 m/s, respectively. Load 4 is connected
to the system at 40 s and the conventional VIC maintains for
a preset period of 10 s. Other parameters are the same as the
previous simulations. The results are shown in Figs. 17-19.
These figures show that the general conclusions are consistent with those using a simplified model in Section III-A.
They include (i) improving the power grid frequency nadir;
(ii) effectively suppressing the drivetrain torsional oscillation
of each WPP caused by the sudden variation of WPP electromagnetic power requested from VIC; (iii) achieving smooth
and fast recovery of each WPP rotor speed to the corresponding original MPP before the disturbance; (iv) preventing the
secondary frequency dip and drivetrain torsional oscillation of
each WPP caused by conventional VIC implementations.
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IV. C ONCLUSIONS AND F UTURE WORK
This paper develops an OHFT-based nonlinear virtual inertia
control of wind power integrated power system. It is able
to provide primary frequency support of the power grid by
means of releasing the kinetic energy of WTG rotor speed
and, in the meanwhile, overcome several limitations of existing
VIC methods. Its advantages are concluded as: (i) it can
significantly improve the frequency nadir at the initial moment
of contingency, enhancing the security and stability of power
system; (ii)it suppresses the drivetrain torsional oscillation of
WTG resulted from its electromagnetic power variation for
the grid frequency support, leading to the enhancement of the
service life of WTG; (iii) after frequency support, it achieves
fast and smooth recovery of rotor speed to the original MPP
before the disturbance; and (iv) it can effectively prevent the
secondary frequency dip and drivetrain torsional oscillation of
WTG casued by the conventional VIC.
Future work will focus on extending the OHFT-based control for frequency support using multiple distributed energy
resources, such as energy storage, PVs, etc.
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